For a finite group G, Cp(G), Sp(G), L(G) and S(G) are generalizations of the Frattini subgroup of G. We obtain sne results on #-solvable, l>-solvable and supersolvable groups with the help of the structures of these subgroups.
INTROEUCTION.
Many authors have considered various generalizations of the Frattini subgroup of a finite group. Deskins [6] considered the subgroup p(G), Mukherjee and lattacharya [4] the subgroup Sp(G) and hatia [3] the subgroup L(G). In [?] , we introduced the subgroup S(G) and investigated its influence on solvable group. In this paper, our aim is to prove scxne results which imply a finite group G to beTT'-solvable, p-solvable and supersolvable. All groups are assumed to be finite. We use standard notations as found in Gorenstein [8] and denote a maximal subgroup M of G b M G. 2. PRELIMINARIES. EEFINITION. Let H and K be two normal subgroups of a group G with KocH. Then the factor group H/K is called a chief factor of G if there is no n6rmal subgroup N of G such that K CNH, with proper inclusion. Let M be a maximal subgroup of G. Then H is said to be a normal supplement of M in G if t4t G. The normal index of M in G is defined as the order of a chief factor H/K, where H is minimal in the set of all normal supplements of M in G and is denoted b G M). If the group G possesses a maximal subgroup with core I then the following properties of G are equivalent.
(I) The indices in G of all the maximal subgroups with core 1 are powers of one and the same prime p.
(2) There exists one and only one minimal normal subgroup of G and there exists a crmon prime divisor of all the indices in G of all the maximal subgroups with core I. 
PROOF.
Let the condition of the theorem hold. Let G be simple. Then it inmediately follows that either G is a p'-group or is of prime order p. If G/N t%N 1 is isomorphic to a subgroup of the /r-solvable group G/N x G/N 1, it follows that G is solvable. We may now assume that N is the unique minimal normal subgroup of G. We shall now show that N is l-solvable. We note that SG) # G, since (G) # . If PROOF. Let G satisfy the hypothesis of the theorem. We claim that,(G) is empty. If possible, let there exist M in(G). Then G is not simple. For otherwise, IGI q(G-M) is square-free and so G is supersolvable. Let q(G.M)=IH/KI, mere H/K is a chief factor of G and H is minimal in the set of normal supplnents of M in G. By hypothesis IH/KI is square-free and hence H/K is supersolvable. Thus H/K is a solvable minimal normal subgroup of G/K. So H/K is an elementary abel ian q-group for some prime q. Consequently (G:M)=IH/KI=q, a prime, which is a contradiction. SoUu-p(G) is empty. By definition G=)(G) and hence G is solvable we shall now show that A(G) is empty. 
